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1 Introduction

The simplest Standard Model (SM) extensions that can account for neutrino masses, and
hence the neutrino oscillations phenomena, require the introduction of sterile right-handed
neutrinos νR. These SM singlets allow Dirac masses for the light neutrinos we know.
However, more appealing mechanisms for light neutrino mass generation are available if the
νR have Majorana masses. Typical examples are the Type I Seesaw [1–5] as well as the
linear and inverse Seesaw mechanisms [6, 7].

Even though the νR fields are gauge singlets, they can have interactions with other SM
particles. The first possibility comes after diagonalizing the Seesaw νL − νR mass matrix,
such that the heavy states Nh, which are mostly νR, can mix with the active νL. The Nh

are then no longer sterile, behaving as very weakly coupled particles, with consequences in
collider searches and low energy processes like neutrinoless double beta decay [8–10]. A
second possibility that does not necessarily involve the Seesaw arises when including the
νR fields in an effective field theory (EFT) as low energy degrees of freedom. This is the
Standard Model Effective Field Theory framework extended with right-handed neutrinos,
νRSMEFT,1 with operators known up to dimension d = 9 [11–15]. Here, one can proceed
as in [16, 17] and use the so-called neutrino non-standard interactions (NSI) and general

1Also called SMNEFT and NRSMEFT in the literature.

– 1 –



J
H
E
P
0
9
(
2
0
2
2
)
0
7
9

neutrino interactions (GNI) to constrain the νRSMEFT [18, 19]. Bounds can also be placed
from beta decays [20].

In this sense, combinations of the Type-I Seesaw and higher dimension effective in-
teractions for the νR have reached far attention, since the Nh production rates and decay
widths can be drastically changed by the effective interactions. This can lead to a variety
of signals that can be studied at different experiments. For example, for dimension-6
operators, the νRSMEFT lagrangian includes novel four-fermion operators as well as Nh

interactions with the Higgs and the standard vector bosons. The phenomenology of these
d = 6 heavy Nh interactions, when dominant with respect to those involving the mixing
with the active neutrino states, has been studied extensively in processes at the LHC and
future far detectors in [11, 21–25]. Constraints and prospects on the sensitivity to the
effective Wilson couplings from rare meson and tau decays into heavy neutrinos have also
been studied in [26–30], as well as their contributions to leptonic anomalous magnetic
moments [31]. Prospects for the production and sensitivity to d = 6 interactions in future
e+e− and e−p colliders have been considered in [32–35].

In front of this, we want to focus on the phenomenology of the Type-I Seesaw, extended
by dimension-5 operators, which has somewhat received less attention. Our final objective
is to analyze scenarios where the heavy neutrinos can be long-lived, decaying into a photon
and light neutrino, and on the possibility of detecting them at the LHC. This means that
the Nh will have masses around and above the GeV scale.

In our setup, we extend the SM by adding three sterile neutrinos νR. The renormalizable
part of the lagrangian is:

L = LSM + iν̄Rs /∂ νRs −
(
L̄a(Yν)as φ̃ νRs + 1

2 ν̄Rs(MN )ss′νcRs′ + h.c.

)
(1.1)

where a = e, µ, τ and s, s′ = s1, s2, s3, and the matrix MN is symmetric. When allowing
for d = 5 operators involving the new neutrino states, one finds the following terms:

L5 =

(
α†W

)
ab

Λ
(
L̄aφ̃

) (
φ†L̃cb

)
+

(αNφ)ss′
Λ

(
φ†φ

)
ν̄Rs ν

c
Rs′ + (αNB)ss′

Λ ν̄Rs σ
µννcRs′ Bµν + h.c,

(1.2)
where L̃c = εLc and σµν = i

2 [γµ, γν ]. The first term corresponds to the well-known Weinberg
operator [36], the second operator was introduced by Anisimov [37] and Graesser [38, 39],
while the third one, which is a dipole operator, was studied by Aparici, Kim, Santamaria
and Wudka [12]. Again, αW and αNφ must be symmetric matrices, while αNB must be
antisymmetric. The Anisimov-Graesser and dipole operators allow for interactions of the
heavy neutrinos with the Higgs, photon and Z which are not suppressed by the active-heavy
mixing.

Since we are ultimately interested in Nh decays involving photons, the dipole operator
will play a central role in our research. It is worth noting that in order to have a non-
vanishing dipole coefficient, one requires at least two νR states. Thus, simplified approaches
considering only one sterile state forbid the presence of this antisymmetric operator, pushing
the dipole interaction to d = 6 terms. Such studies have been done in [40, 41], which
consider a heavy Dirac neutrino with dipole interactions to a SM neutrino and the photon.
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The papers obtain constraints on this dipole operator from the intensity, energy and cosmic
frontiers, as well as presenting future prospects. Although presented in a d = 6 electroweak
invariant realization, these bounds can also be interpreted in a d = 5 framework.

Other works considering at least two GeV-scale sterile states and Seesaw mixings mostly
focus on the study of the Anisimov-Graesser operator and its Higgs phenomenology at the
LHC [12, 38, 39, 42, 43]. In addition, apart from the original work of [12], collider effects of
the dipole operator have been considered at Higgs factories in [44]. Thus, to the best of
our knowledge, the d = 5 dipole operator has not received enough attention. In this sense,
this work aims to help fill this gap, covering search strategies involving photons coming
from heavy neutrino decay, concentrating on the novel signal of non-pointing photons from
exotic Higgs decays at the LHC.

This paper is organized as follows. In section 2 we define our notation and conventions
for all neutrino masses and mixing. Section 3 translates the operators in eq. (1.2) into
couplings between the mass eigenstates. We also carry out a detailed study of how the
partial widths, branching ratios and lifetimes of the heavy neutrinos are affected by the
dipole operator. On section 4 we review constraints on the latter, concentrating on those
around the GeV scale. To this end, we revisit the LEP constraints on light-heavy neutrino
production. Finally, in section 5 we turn towards the prospects of identifying long-lived
GeV-scale heavy neutrinos decaying into photons, recasting two ATLAS non-pointing
photon searches.

2 Masses and parametrization

As is well known, in the absence of effective operators, one can organize the active and
sterile neutrino fields in a left-handed multiplet ΨL ≡ (νL, νcR)T , such that the neutrino
mass matrix is written:

Mν =
(

0 mD

mT
D MN

)
, (2.1)

where mD ≡ v√
2Y
∗
ν . The mass matrix is diagonalized by a unitary transformation:

UTMν U =Mdiag
ν . (2.2)

The mixing matrix U relates the interaction eigenstates ΨLα (α = e, µ, τ, s1, s2, s3), to
the mass eigenstates ni (i = 1, . . . , 6), that is, ΨLα = Uαi nLi. In the following, our notation
might distinguish between the lightest and heaviest neutrino mass eigenstates:

ν` = ni i = ` = 1, . . . , 3 (2.3)
Nh = ni i = h = 4, . . . , 6 (2.4)

We refer to this scenario as the standard Seesaw.
When including effective operators, we find further contributions to the neutrino mass

terms after electroweak symmetry breaking. If we define:

mLL = v2 αW
Λ mRR = v2 αNφ

Λ +MN (2.5)
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the neutrino mass matrix is now:

Mν =
(
mLL mD

mT
D mRR

)
(2.6)

In order to understand the structure of the diagonalization matrix U , we will first proceed
as in [45]. The idea is to do an initial rotation that block-diagonalizes the mass matrix:(
I −Θ∗ΘT /2 −Θ∗

ΘT I −ΘTΘ∗/2

)(
mLL mD

mT
D mRR

)(
I −ΘΘ†/2 Θ
−Θ† I −Θ†Θ/2

)
=
(
Mlight 0

0 Mheavy

)
(2.7)

The Θ matrix is assumed to have small entries, such that at leading order in Θ, block-
diagonalization requires:

mD ≈ Θ∗mRR −mLL Θ (2.8)

As mLL contributes directly to the light neutrino masses, one would expect it to be very
small in front of mRR. This means we can approximate mD ≈ Θ∗mRR, and thus:

Mlight = −mDm
−1
RRm

T
D +mLL (2.9)

Mheavy = mRR + 1
2
(
m−1∗
RR m†DmD +mT

Dm
∗
Dm

−1∗
RR

)
(2.10)

The next step is to diagonalize the block-diagonal matrix:(
UTPMNS 0

0 V T

)(
Mlight 0

0 Mheavy

)(
UPMNS 0

0 V

)
=
(
m̂` 0
0 M̂h

)
, (2.11)

where m̂` = diag(m1, m2, m3) and M̂h = diag(M4, M5, M6). If we decompose U into
four blocks:

U =
(
Ua` Uah
Us` Ush

)
, (2.12)

we can identify:

Ua` =
(
I −ΘΘ†/2

)
UPMNS, Uah = ΘV

Us` = −Θ†UPMNS , Ush =
(
I −Θ†Θ/2

)
V . (2.13)

Thus, the matrices Θ†Θ and ΘΘ† are connected to the non-unitarity of the active-light
and sterile-heavy mixing. Morover, the V matrix is related to re-definitions of the sterile
neutrinos, and in the absence of a preferred basis can be taken equal to the identity.

We will now focus on eliminating the Θ matrix in favour of a more useful parametrization,
such as [46, 47], which guarantees that the measured ν` masses are always reproduced. To
do so, we rewrite Mlight and keep terms of leading order in Θ (or equivalently, in mD):

U∗PMNS m̂` U
†
PMNS = −mDm

−1
RRm

T
D +mLL

= −(ΘV )∗M̂h(ΘV )† +mLL (2.14)
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If we now define ∆` ≡
(
I − m̂−1/2

` UTPMNSmLL UPMNS m̂
−1/2
`

)
, we can write the equation

above as:
U∗PMNS m̂

1/2
` ∆` m̂

1/2
` U †PMNS = −(ΘV )∗M̂h(ΘV )† (2.15)

which in turn allows us to define the complex matrix R:

R ≡ −i M̂−1/2
h (ΘV )−1∗ U∗PMNS m̂

1/2
` ∆1/2

` . (2.16)

This matrix is orthogonal, RRT = I. From here, it is straightforward to see that:

Uah = i UPMNS m̂
1/2
`

(
∆†`
)1/2

R† M̂
−1/2
h (2.17)

Us` = i V M̂
−1/2
h R (∆`)1/2 m̂

1/2
` (2.18)

Then, given the six physical m` and Mh, as well as the measured parameters on UPMNS,
one can build the whole mixing matrix by specifying the R, V and mLL matrices. It is well
known that the R matrix can be used to enhance the active-heavy mixing and sterile-light
mixing, leading to the possibility of having not-so-heavy Nh with relatively large couplings
to the SM. However, this enhancement cannot be arbitrarily large, as the requirement of
small Θ means that m̂1/2

` (∆†`)1/2R†M̂
−1/2
h must also be small.

The ∆` matrix measures the role of the Weinberg operator in the determination of the
ν` masses, being independent of the heavy/sterile sector. For ∆` = I, the Weinberg operator
gives a negligible contribution, while for ∆` = 0 it is dominant. If the absolute value of the
entries in ∆` are large, this means that the Seesaw contribution and the Weinberg operator
are cancelling each other, indicating the presence of fine-tuning.

Another possible fine-tuning can be found in mRR. One would expect the Nh masses
to be of the order of the largest of the two contributions to this parameter, see eq. (2.5). If
this is not the case, it would suggest the presence of a cancellation between them.

In order to avoid this fine-tuning, we require:

v2 αW
Λ . m`

v2 αNφ
Λ .Mh (2.19)

This means that αW /Λ must be smaller than O
(
10−14)GeV−1. Moreover, for a 10GeV

heavy neutrino, we have αNφ/Λ . O
(
10−4)GeV−1, with the bound weakening for larger

masses. Given the fine-tuning constraint on αW /Λ, it is undesirable for all effective operators
to share a common origin, as in that case they would be expected to be of a similar order
of magnitude, and thus too small to be probed. Now, as discussed in [42], the presence
of a lepton-number symmetry forbids the Weinberg operator, and forces the diagonal
terms of the Anisimov-Graesser operator to vanish,2 but puts no constraints on the rest
of the coefficients. The breaking of the symmetry would suggest the following hierarchy
between them:

αW ∼ αdiag
Nφ � αoff−diag

Nφ ∼ αNB (2.20)

2This is valid for two heavy neutrinos. For three heavy neutrinos, two opposite off-diagonals in αNΦ and
αNB would have to vanish as well.
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These considerations motivate neglecting the contribution of the Weinberg operator to
neutrino masses. In other words, in what follows we will diagonalize the mass matrix in
eq. (2.1), using the parametrization of [43, 47, 48].3

It should be noticed that the Anisimov-Graesser and dipole operators generally mix
under renormalization group equations with the Weinberg operator, bounded by light
neutrino masses. In [42], an example of one-loop diagram contribution from the Anisimov-
Graesser to the Weinberg operator is calculated, giving a rather mild constraint which
leaves freedom to assume the above hierarchy.

3 Couplings and decay rates

When including the effective operators, the coupling terms of the Lagrangian become:

LW = g√
2
W−µ

¯̀
aγ

µ Uai PL ni + h.c. (3.1)

LZ = g

4cW
Zµn̄iγ

µ
(
Cij PL − C∗ij PR

)
nj

− sW
Λ (∂µZν − ∂νZµ) n̄i σµν

[
(α′NB)ijPL − (α′ ∗NB)ijPR

]
nj (3.2)

Lγ = cW
Λ (∂µAν − ∂νAµ) n̄i σµν

[
(α′NB)ijPL − (α′ ∗NB)ijPR

]
nj (3.3)

Lh = −1
v
h n̄i

[
1
2
(
Cijmnj + C∗ijmni

)
− v2

Λ (α′∗Nφ)ij

]
PR nj

− 1
v
h n̄i

[
1
2
(
Cijmni + C∗ijmnj

)
− v2

Λ (α′Nφ)ij

]
PL nj (3.4)

Lhh = 1
2Λh

2 n̄i
[
(α′Nφ)ijPL + (α′ ∗Nφ)ijPR

]
nj (3.5)

where we have neglected the Weinberg operator, and defined the coefficents:

Cij = U∗ai Uaj (3.6)

(α′Nφ)ij = Usi (αNφ)ss′ Us′j (3.7)

(α′NB)ij = Usi (αNB)ss′ Us′j (3.8)

In the standard Seesaw, the mixing allows the Nh to interact via the couplings of the
active states. In our case, in addition, the mixing allows the ν` to interact via the effective
couplings of the sterile states. This gives rise to new processes, originally forbidden or
suppressed in either the Standard Model or Seesaw. We will review how these constrain the
effective operators in section 4.

Calculating the lifetime of the heavy neutrinos is essential to determine their observ-
ability. For example, a very long-lived Nh could be detector-stable, escaping laboratory

3For practical purposes, this is equivalent to using eqs. (2.17) and (2.18) with ∆` = I. The advantage
of [47] is that the parametrization also includes H and H̄ matrices, that keep the mixing unitary when the
enhancement factors are too large.
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experiments as missing energy. On the standard Seesaw, the lifetime of heavy neutrinos
with masses in the GeV range can be calculated through three-body decays. These involve
a virtual W boson leading to final states with either la la′ νa′ or la q q′ states, or a virtual Z
boson implying final νa la′ la′ , 3 ν, or ν q q̄ states. These calculations are usually performed
via a four-fermion operator, with the gauge bosons integrated out [8, 49–51], which is
appropriate for masses up to around 20GeV [52].

For heavy neutrinos with masses below the Higgs mass, the Anisimov-Graesser operator
plays no role in the determination of the lifetime. In contrast, it is well known that when
including the dipole operator a new decay channel into on-shell ν γ is opened. This was
first calculated in [12], and we confirm their result:

Γ(Nh → ν γ) = 2
π
c2
WM

3
h

∑
`

∣∣∣∣(α′NB)`h
Λ

∣∣∣∣2 (3.9)

The partial width of this new process is many orders of magnitude larger than those for the
standard Seesaw three-body decays. However, an important point that has been ignored
in the literature, until recently [34], is that the effective dipole coupling also modifies the
three-body decay channels involving a virtual Z, as well as adding new contributions with
virtual photons. In order to understand the importance of these effects, we have performed
the calculation of all these processes, and indeed find a significant enhancement to them.
This means that, although dominant, the two-body decay in eq. (3.9) might not always
determine the heavy neutrino lifetime on its own. In addition, it might not be always
accurate to take the branching ratio into ν γ equal to unity.

The exact, analytical formulae for Nh → ν q q̄, Nh → ν l+a l
−
a and Nh → 3ν can be

found in appendix B. The aforementioned enhancement occurs due to new contributions
mediated by photon exchange, meaning that, to leading order in α′NB/Λ, only Nh → ν q q̄

and Nh → ν l+a l
−
a are significantly increased. For these decays, in the regime where α′NB/Λ

is much larger than the standard Seesaw couplings, the partial widths can be written:

Γ
(
Nh → ν f f̄

)
≈ Nc (1 + ∆QCD)

αemQ
2
f

24π2 Φ(xf ) c2
WM

3
h

∑
`

∣∣∣∣(α′NB)`h
Λ

∣∣∣∣2 (3.10)

where Nc is the number of colours (3 for quarks, 1 for charged leptons), αem is the fine-
structure constant, Qf is the fermion charge, and Φ(xf ) is a function obtained after
integrating over phase space, depending only on the ratio between the charged fermion and
heavy neutrino masses, xf . The function ∆QCD takes into account QCD corrections to
decays into quark final states [50], and vanishes for the purely leptonic decays.

In order to present our findings, we take N5 as the lightest heavy neutrino, and show in
figure 1 its partial widths for several values of (αNB)56/Λ, taking minimal mixing, i.e. R = I.
We find that the three-body widths for (αNB/Λ) ≤ 10−6 GeV−1 are indistinguishable from
the standard Seesaw, so they can be used as benchmarks for comparison.

In the figure, we show that the partial widths into charged leptons and quarks can be
significantly enhanced. As commented earlier, this is attributed to the dominance of the
virtual photon contribution, which is not suppressed by the Z mass. As seen in eq. (3.10),
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Figure 1. Heavy neutrino partial width into several types of final state when including effective
operators, normalized with respect to M5

h . From left to right, top to bottom, we show the partial
widths for Nh → ν γ, Nh → ν la(′) la, Nh → X q q′ and Nh → 3 ν. On each panel we plot the widths
for (αNB)56/Λ = 10−2, 10−4, 10−5, 10−6 GeV−1 in blue (thick), orange (thin), green (dashed), and
red (dot-dashed), respectively. We take minimal mixing.

the size of these effects are proportional to M3
h . This should be compared with the standard

Seesaw processes, which are proportional to M5
h , meaning that at high mass the latter

contributions become more relevant. In contrast, the partial width into three light neutrinos
is not enhanced, except for very large αNB/Λ and masses.4

In addition to the three-body decays, we also show the partial width of the aforemen-
tioned two-body decay into ν γ. Comparison with the other partial widths suggests that
ν γ decay can easily dominate the total width, depending on the heavy neutrino mass and
the exact value of the dipole coupling αNB/Λ.

In order to better understand the interplay between the widths, we show in figure 2 the
branching ratios into the different channels. We would like to emphasize that the branching
ratios are for all practical purposes independent of the choice of the R matrix, defined in
eq. (2.16). We find that, for all of the evaluated values of Mh, taking BR(Nh → ν γ) = 1 is
a very good approximation when taking αNB/Λ & 10−4 GeV−1. Nevertheless, the branching
ratio can be much lower. For example, for αNB/Λ = 10−5 GeV−1, the branching ratio is
under 50% for Mh & 20GeV. If αNB/Λ = 10−6 GeV−1, the same happens if Mh & 2.5GeV.

Let us turn now to three-body branching ratios. For low masses, the increase in the

4It is important to notice that the photon-dominated three-body decays are not calculated via a four-
fermion operator, so they remain accurate for large Mh. This is not the case for N → 3ν`, but should not
be a cause for concern, given its small impact on the heavy neutrino lifetime.
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Figure 2. Heavy neutrino branching ratios. Choice of parameters as in figure 1.

Nh → ν γ partial width drives the three-body branching ratios to very low values. Thus,
even though the modifications to the three-body widths are larger in this regime, as long as
(αNB/Λ) & 10−5 GeV−1, the huge contribution from the two-body decays make them less
relevant. For large masses the three-body branching ratios increase, being larger for smaller
αNB/Λ. This can be understood by considering that, even though for smaller αNB/Λ all
contributions from the effective operator decrease, the standard Seesaw processes remain
the same, giving a fixed minimum contribution to three-body decays only.

We now analyze the heavy neutrino lifetime. First, on the upper panels of figure 3 we
report the expected decay length cτ of the heavy neutrino in presence of the new couplings.
On the left panel we show results for minimal mixing, and on the right for a choice of R
leading to a 103 enhancement in the sterile-light mixing squared. Within the evaluated mass
range, the Nh with minimal mixing always have decay lengths longer than one meter5 as
long as (αNB/Λ) . 10−5 GeV−1. As seen on the right panel, enhancing the neutrino mixing
by taking non-trivial R would decrease the decay length, meaning that heavy neutrinos on
this mass range can always be made unstable within collider scales.

On the upper panels, we also show in gray lines the expected decay length if one considers
that the width is exclusively determined by eq. (3.9). Thus, for αNB/Λ & 10−4 GeV−1, one
can take the lifetime directly from Nh → ν γ, without having to include three-body decays.
This is not the case for smaller αNB/Λ, if one does not include the latter, the decay length
could be off by many orders of magnitude.

5A decay length of one meter implies a lifetime around three nanoseconds.

– 9 –



J
H
E
P
0
9
(
2
0
2
2
)
0
7
9

1 5 10 50

10-3

1

103

106

109

1012

Mh [GeV]

c
τ
(m

m
)

(αNB)56 /Λ [GeV-1]

Minimal Mixing

10-2

10-4

10-5

10-6

1 5 10 50

10-3

1

103

106

109

1012

Mh [GeV]

c
τ
(m

m
)

(αNB)56 /Λ [GeV-1]

Enhanced Mixing

10-2

10-4

10-5

10-6

1 5 10 50

-6

-5

-4

-3

-2

-1

0

Mh [GeV]

Δ
c
τ
(%

)

(αNB)56 /Λ [GeV-1]

Minimal Mixing

10-2

10-4

10-5

10-6

1 5 10 50

-6

-5

-4

-3

-2

-1

0

Mh [GeV]

Δ
c
τ
(%

)

(αNB)56 /Λ [GeV-1]

Enhanced Mixing

10-2

10-4

10-5

10-6

Figure 3. Top panels: heavy neutrino decay length. Gray lines indicate the expected decay length
when considering only two-body decays. Bottom panels: difference in decay length when performing
the full calculation, versus including only N → νγ and the standard Seesaw three-body decays. Left:
choice of parameters as in figure 1. Right: the same, but with enhanced sterile-light mixing.

Finally, on the lower panels of figure 3, we assess the impact of the new contributions
in eq. (3.10) on the decay length by comparing the full calculation with what is obtained
by including only Nh → ν γ and the standard Seesaw three-body decays. We see that,
naturally, for a fixed mass the deviation increases with (αNB)/Λ. Their relevance with
respect to Mh depends on their interplay with the standard Seesaw contributions, which
in turn depends on R. However, in all cases the inclusion of these new effects leads to a
reduction in the decay length of a few percent, suggesting that the need of including them
in calculations can be delayed to a precision era, after a putative discovery.

4 Constraints on effective dipole operator

The partial widths and lifetimes shown in the previous section are very sensitive to the
value of αNB/Λ. It is thus necessary to review current constraints on this coupling. Since
we are interested in long-lived heavy neutrinos detectable at the LHC, we will pay particular
attention to bounds relevant for GeV-scale masses.

When considering vertices involving two light neutrinos and a photon, one finds that the
effective coupling induces transition magnetic and electric dipole moments, µν and εν [53]:

(µν)``′ = 4i cW
=m(α′NB)``′

Λ (εν)``′ = 4i cW
<e(α′NB)``′

Λ , (4.1)
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where α′NB is defined in eq. (3.8). These are forbidden at tree level in both the SM
and standard Seesaw, and are subject to constraints. For instance, both magnetic and
electric dipole moments of light neutrinos can affect the electron energy spectrum in ν − e
scattering, which can be probed in solar, reactor and accelerator experiments [53, 54]. In
particular, the Borexino experiment has placed a bound on µeff

ν < 2.8× 10−11 µB [55]. An
even stronger bound comes from the brightness of red giant stars, where the transition
dipole moments enable plasmon decay, γ∗ → νν, and thus allows energy to be released
from the star. Observations from the galactic globular cluster ω Centauri constrain√∑

``′(|(µν)``′ |2 + |(εν)``′ |2) . 1.2× 10−12 µB [56].
In terms of the effective operator, light neutrino dipole moments give us the bound:

4 cW
∣∣∣∣Us` (αNB)ss′

Λ Us′`′

∣∣∣∣ . 3× 10−10 GeV−1. (4.2)

From equation (2.18), if we take R = I we have Us` ∼
√
m`/Mh, such that if light neutrinos

have masses below 10−2 eV, these bounds on αNB/Λ essentially vanish for heavy neutrino
masses in the 100MeV scale, or larger. In principle, it could be expected that by taking
non-trivial R one could enhance the dipole moments. However, when considering the
structure of Us` shown in eq. (2.18), along with the antisymmetry of αNB, one finds that
the leading contributions always cancel. Thus, in the following we shall not take these
bounds into account.

The dipole moments of heavy neutrinos themselves can be constrained using atomic
spectroscopy. In [57], the long-range potentials from Nh exchange are calculated, establishing
a limit of 4 cW αNB/Λ . 10−2 µB, for a specific benchmark.

On can find further constraints when considering transition moments involving one
light and one heavy neutrino. In addition to ν − e scattering and plasmon decay in red
giants, the authors in [41] have considered the impact on Supernova neutrino emission,
4He abundance from Big Bang nucleosynthesis, and the Neff measurement from the cosmic
microwave background. Although strong, all of these bounds vanish for Nh masses larger
than about 300MeV.

High energy experiments can also probe the latter transition dipole moments. The
most important constraints for heavy neutrinos in the GeV scale come from LEP searches
for photons and missing energy [58–60], and single γ production at NOMAD [61, 62].
For example, the authors in [12] surveyed the possible LEP constraints on its effective
coupling αNB/Λ from the Z invisible width and Z decays into photons and missing
energy. They considered e+e− → N5N6, with N6 → N5 γ and both N5 escaping the
detector. They found that, if N5 is massless and N6 is lighter than the Z, they ruled out
(αNB)56/Λ > 2.5× 10−5 GeV−1.

Another example can be found in [40], where the authors put several constraints on the
dimension-6Nh dipole coupling to a ν` and a photon. For the GeV scale, their most important
constraint comes from e+e− → Nh ν` at LEP, where they exclude α′NB/Λ & 2×10−5 GeV−1.
Since this analysis considers that the light and heavy neutrinos couple exclusively via a
Dirac-type dipole interaction, we have considered pertinent to reformulate their bounds in
our context. To this end, we have calculated the e+e− → Nh ν` cross section analytically,
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Figure 4. LEP bounds on (αNB)56/Λ. On all plots, we show the bound for |Us`|2 enhancements of
103, 105, 106, 107 and 109 in brown (thick), orange (thin), purple (dashed), green (dot-dashed) and
red (dotted) lines, respectively. On the left panel we show the bound on the parameter itself, while
on the right panel we display the bound on

∑
(α′NB)/Λ.

including both Z and photon exchange, at s = m2
Z . In contrast to [40], we have included

both (α′NB)`h/Λ and C`h couplings to the Z in eq. (3.2), and consider Nh → ν γ branching
ratios different from unity. If one neglects the electron mass, and does not impose any cuts,
the total production cross section is:

σNν =
(
M2
h −m2

Z

)2
2πm2

ZΓ2
Z

(
c2
V + c2

A

){∣∣∣∣∣(α′NB)`h
Λ

∣∣∣∣∣
2
e2 (2M2

h +m2
Z

)
3c2
Wm

2
Z

(
1 + 4c2

WΓ2
Z(

c2
V + c2

A

)
m2
Z

)

+ 1
6 |C`h|

2G2
F

(
M2
h + 2m2

Z

)
c2
W −

√
2<e

[
(α′NB)`h

Λ C`h

]
eGF Mh

}
(4.3)

By neglecting C`h, one can reproduce the cross-section reported in [40].6

For comparison purposes, we apply energy and angular cuts on the final photon, and
require the cross-section not to exceed 0.1pb [63]. The photon energy Eγ must be above
0.7GeV, and the photon angle θ with respect to the beamline must satisfy | cos θ| ≤ 0.7. We
require the heavy neutrino to decay within two meters of the interaction point. Technical
details of the calculation can be found in appendix C.

Our bounds are shown for N5 in figure 4, for several enhancements of |Us`|2 from R.
We show the exclusion regions in terms of both (αNB)56 and (α′NB)`5. Strictly speaking,
since the heavy neutrino hadronic partial widths are calculated via three-body decays, our
results are accurate only for masses above 1GeV. However, we extend our plot to lower
masses for a better comparison with [40].

6Notice that the dγ,Z coupling in [40] corresponds to 2 cW α′NB/Λ.
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Let us focus first on the left panel, which shows the constraints in terms of (αNB)56/Λ.
As expected, the larger the enhancement in |Us`|2, the stronger the bound on this parameter.
If there is no enhancement, we find that LEP cannot place any constraints. For small
enhancement (103), the exclusion region has a triangular shape, with the right slope being
due to the

√
m`/Mh suppression of Us` in σNν , and the left slope being due to the heavy

neutrino escaping the detector. As the enhancement grows (105), the bound acquires a
bump in the middle, which is attributed to an increased contribution to σNν from the C`h
terms. The size of the bump increases with the enhancement (106), until it eventually
receives a second cut on the right, from a decreased N → ν γ branching ratio (107), as can
be seen in figure 2. The exclusion region can be expanded up to an enhancement around
109, after which the Θ matrix in eq. (2.7) cannot be considered small anymore. A careful
analysis using the parametrization of [47] shows that the unitarity of the mixing matrix
does not allow further enhancement. Thus, the strongest constraint on (αNB)56/Λ is of
1.4× 10−8 GeV−1, for masses around 800MeV.

In order to properly contrast our model with that of [40], we show on the right panel the
same information in terms of

∑
α′NB ≡

√∑3
`=1 |(α′NB)`5|2. When taking small enhancement

(103), the exclusion region is flat down to masses of around 100MeV, below which the
probability the heavy neutrino escapes the detector becomes non-negligible, and the bound
weakens. For large masses, the bound is flat since the

√
m`/Mh suppression of Usl is

absorbed within α′NB. As the enhancement from R grows, we find a behaviour similar to
that for the αNB/Λ constraints. In all cases, the bound is weakened at small masses, due
to the cut on the heavy neutrino decay length.

An important point to take into account is that, in figure 9 of [40], the aforementioned
flat exclusion region is extended down to 1MeV masses, instead of 100MeV. We have not
been able to reproduce this result, in fact, our analysis was expected to produce stronger
bounds, given that the heavy neutrinos in this model have shorter lifetimes, and we are
accepting longer decay lengths.

5 Searches for non-pointing photons at the LHC

We now turn to possible LHC probes of the model, which can be sensitive to GeV-scale
heavy neutrinos. Here, current bounds on heavy neutrinos [64–68] are based on standard
Seesaw interactions, and can be avoided if the latter decays exclusively into final states
with photons. It is then of interest to find out if LHC searches can probe our model at all,
and test the existence of the dipole coupling.

With this in mind, we identify two regimes: one where the Nh decays promptly, and
one where it is a long-lived particle. For this work, we are interested in the case where the
heavy neutrinos are long-lived, meaning that we focus on searches for particles with large
lifetimes decaying into displaced photons, such as [69–74].

As seen in figure 3, the Nh decay length depends on the Seesaw mixing, such that
its enhancement by R leads to shorter lifetimes. This means that if one wants to have a
specific decay length, having an enhancement requires smaller αNB . On the other hand, the
Nh → ν γ branching ratio depends only on the mass and value of αNB , so, for a given mass,
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in order to maximize the branching ratio into photons, we need the largest possible αNB.
From this, we conclude that searches for displaced photons will be most sensitive to the
case where there is no R enhancement on the Seesaw mixing, which is precisely the regime
where LEP has no sensitivity. In other words, these kind of searches are complementary to
those at LEP.

Since we focus on scenarios with no enhancement from R, all of the Nh production
modes at colliders from the standard Seesaw [9, 10, 75] are strongly suppressed. In light
of this, the best bet for heavy neutrino production comes from the Anisimov-Graesser
operator, as can be seen in eq. (3.4). This leads to the following partial width for exotic
Higgs decay into two heavy neutrinos [12, 38]:

Γ(H → NhNh′) =

Shh′
v2

2π

√
λ(m2

H , M
2
h , M

2
h′)

m3
H

∣∣∣∣∣(α
′
Nφ)hh′
Λ

∣∣∣∣∣
2 (
m2
H −M2

h −M2
h′ − 2MhMh′ cos 2δhh′

)
(5.1)

wheremH is the Higgs mass, δhh′ = arg[(α′Nφ)hh′ ] and the λ function is defined in appendix B.
The factor Shh′ = 1/2 if h = h′, and is equal to unity otherwise.

It is important to emphasize that this production mode is driven by αNφ entirely, while
the heavy neutrino ν γ decay is dominated by the αNB dipole coupling. Assuming that the
value of αNB is such that the Nh decays within the detector, any experimental constraints
coming from displaced photon searches would lead to bounds on the H → NhNh′ branching
ratio, effectively constraining αNφ. Notice that any excess in such a search would also
imply a lower bound on αNB , as a too small dipole coupling would lead to a detector stable
heavy neutrino.

Given the arguments at the end of section 2, we expect αNφ to have vanishing diagonal
entries. Thus, in the following, we consider the decay H → N5N6, taking both heavy
neutrinos as mass degenerate. Such a degeneracy is to be expected by the lepton-number
symmetry justifying the hierarchy in eq. (2.20) [76–80]. One can show that, in addition,
when the masses are degenerate, then the Usl mixing for both neutrinos becomes of the
same order of magnitude. This should increase the σNν cross-section at LEP in eq. (4.3) by
a factor two, but will not exclude any of the benchmark points we will use.

Non-standard decays of the Higgs have been already constrained by both ATLAS
and CMS collaborations [81, 82], determining that the Higgs branching ratio to exotic
states must not exceed 0.21 at 95% C.L.7 In order to maximize the sensitivity of this
search to our model, we fix (αNφ)56/Λ such that this bound is saturated. The masses and
effective couplings we will use can be seen in table 1. We have checked that the additional
contribution to the Nh mass is at most 20% of the tree level value, so we have no fine-tuning.

In order to calculate the expected number of N5N6 pairs at the LHC, we consider
Higgs production via gluon fusion (GF) and vector boson fusion (VBF) processes. These

7Notice that if the heavy neutrinos were detector-stable, and thus invisible, the limits on the branching
ratio are between 11% [83] and 18% [84].
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Mh [GeV] 10 30 50
(αNφ)56/Λ [GeV−1] 3.0× 10−5 3.6× 10−5 6.4× 10−5

(αNB)56/Λ [GeV−1] (2014) 6.5× 10−4 1.4× 10−4 4.8× 10−5

(αNB)56/Λ [GeV−1] (2021) 7.9× 10−4 1.5× 10−4 6.3× 10−5

Table 1. Benchmarks used in our analysis. In the second row we show the effective heavy neutrino
coupling to the Higgs αNφ/Λ giving a H → N5N6 branching ratio of 21%. The third and fourth
rows give the value of the dipole couplings αNB/Λ optimal for the searches outlined in sections 5.1
and 5.2, respectively.

are the two most important interactions for Higgs production at the LHC [85, 86]. The
signal events were generated as described in appendix A.

5.1 8 TeV ATLAS search (2014)

Here we first follow the analysis performed in [69], a search for delayed non-pointing photons
in the diphoton plus missing transverse momentum (MET) final state, in 8TeV collisions
from ATLAS. As far as we are concerned, this work is the latest published paper by an
LHC experiment featuring non-pointing photons.

The search uses the full 20.3 fb−1 data sample from 2012, exploiting the capabilities of
the ATLAS electromagnetic calorimeter (ECAL) to measure the flight direction as well as
the time of flight of photons. An electromagnetic shower produced by a photon is precisely
measured in three layers of different depth, with varying lateral segmentation, allowing
the reconstruction of the flight direction of the photon. From this one can determine the
pointing variable |∆zγ |, defined as the separation between the extrapolated origin of the
photon and the position of the primary vertex of the event, measured along the beamline.
In addition, ATLAS can also measure the relative arrival time tγ of the photon to the
calorimeter, compared to that expected for a prompt photon from the hard collision. Then,
for prompt decays, both |∆zγ | and tγ are naively expected to be zero, meaning these are
useful handles for identifying neutral long-lived particles decaying into photons.

The original search targeted a gauge mediated supersymmetry breaking (GMSB) signal
where the next to lightest SUSY particle (NLSP) is a neutralino, which can decay to a
photon and a stable gravitino. Neutralino pair production would lead to a γγ + MET +X

final state, featuring delayed, non-pointing photons. The selected events were collected by an
online trigger requiring at least two “loose” photons with |η| < 2.5, one with ET > 35GeV
and another with ET > 25GeV. The offline selection then requires two loose photons with
ET > 50GeV and |η| < 2.37 (excluding the transition region between the barrel and endcap
at 1.37 < |η| < 1.52), with at least one of them in the barrel region (|η| < 1.37). The
isolation criteria demanded the transverse energy deposit in a cone with ∆R = 0.4 around
each photon to be less than 4GeV.

The selected diphoton sample is divided into exclusive subsamples according to the
value of MET: background Region (BKG), two Control Regions (CR1 and CR2), and Signal
Region (SR) (see table 2). The control regions are used to validate the analysis technique
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Region definition, based on MET [GeV]
Analysis BKG CR1 CR2 SR

8TeV (2014) [69] < 20 [20, 50] [50, 75] > 75
13TeV (2021) [73] < 30 [30, 50] > 50

Table 2. Background (BKG), control (CR) and signal regions (SR) for non-pointing photon searches.

and background modelling. Within the signal region, the calculation of |∆zγ | and tγ is
carried out only with the photon with the maximum tγ , in the barrel region. The analysis
finally divides the sample into six exclusive categories according to the value of |∆zγ |,
and then shows the tγ distributions of each of the categories to determine possible signal
contributions. The binning in |∆zγ | and tγ is chosen to optimize the expected sensitivity
to the GMSB signal. With this, the analysis in [69] excludes a certain range of neutralino
lifetimes for masses lighter than 440GeV (see figure 7 in the reference).

In order to implement this search, we generated N5, N6 pairs and allowed them to
decay into photons. The HepMC data was extracted, upon which the aforementioned cuts
were applied. We calculated |∆zγ | using:

|∆zγ | =
∣∣∣∣∣rz − pz(~p · ~r)/|~p |21− p2

z/|~p |2
− zPV

∣∣∣∣∣ (5.2)

Here, ~r denotes the position where the heavy neutrino decays, and ~p is the momentum of
the daughter photon. The variables rz and pz denote the components of the former on the
z-axis. In addition, zPV is the position of the primary vertex along the beamline. The
other important variable in the analysis is the relative arrival time tγ . In order to obtain it,
we first calculated the time t0 a prompt photon would take to reach the ATLAS ECAL, as
a function of the pseudorapidity. Then, for each event, we determined the region where
the delayed photon would enter the ECAL. With this we calculated the absolute time t′

using the heavy neutrino and photon momenta, and the heavy neutrino decay position ~r.
Finally, one has tγ = t′ − t0. We determined that the αNB/Λ values shown on the third
row of table 1 maximized the number of contained events featuring a large |∆zγ | and tγ .

In the following, we will argue that this search is not particularly sensitive to our model.
The first problem we find are the very large 50GeV cuts on photon energy. In particular, in
figure 5 we define energy bins for the two photons, such that one can build “heat maps”
indicating what is the most likely distribution of the di-photon energy of our signal events.
In the figure, the red bins are excluded by cuts on both photons, the green bins are excluded
by cuts on the sub-leading photon, while the blue bins are allowed. For GF (VBF), between
67% and 85% (54% and 65%) of our signal events do not pass any of the cuts on the two
photons, and only between 0.6% and 2.1% (2.7% and 4.6%) of them pass both. Considering
the number of contained events, as reported on each panel, we expect a total of 210, 177,
and 42 (60, 81 and 25) events passing both cuts, for Mh = 10, 30, 50GeV respectively,
assuming GF (VBF) Higgs production.
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Figure 5. Percentage of two-photon events coming from heavy neutrino decay, for different
energy bins. Higgs production via GF (VBF) is shown on the left (right) column. Results for
Mh = 10, 30, 50GeV are shown on the top, center, bottom rows, respectively. Number of events
refers to those where both photons are contained within the detector. See text for details.
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Figure 6. Missing energy distribution of heavy neutrino decays, for several Mh. Higgs production
via gluon fusion (vector boson fusion) is shown on the left (right).

Even though the number of events passing the photon energy cuts is not negligible,
we find further problems with the definition of background, control and signal regions. To
illustrate this, figure 6 shows the MET distribution of the different generated signal events
samples, after applying all cuts indicated above. The vertical lines indicate the MET regions
defined in the ATLAS analysis, as shown in table 2. It can be clearly seen that the GF
production channel (left panel) is not useful at all, with practically no events categorized
in the SR region. According to our results, for 10 and 30GeV masses we would have no
signal, and the Mh = 50GeV scenario would have only one event. Considering that we are
not including detector effects at this point, it is clear that this search would not be able to
probe this model if only GF was considered.

The right panel of figure 6 shows that the VBF channel is somewhat more promising.
Even though we have less events being generated, due to the lower cross-section, we find a
much larger efficiency. According to our results, we would have 8, 13, and 4 events in the
SR region, for Mh = 10, 30, 50GeV respectively. However, this must be compared with the
386 events in the SR region reported by [69]. Morover, we find that, within the six |∆zγ |
categories defined in the analysis, all of our events lie on bins dominated by the background.
In particular, no signal region events lie in bins of tγ larger than ∼ 1 ns. Taking all of these
issues into consideration, we find it unlikely that our few surviving events will be of any use
to place bounds on the model. It must be emphasized that the MET distribution is not
improved even if the cuts on the photon energy are relaxed.

Finally, we show in figure 7 the tγ and ∆zγ distributions for our VBF generated signal
events, for Mh = 50GeV, after passing all cuts. As above, depending on the MET, these
are classified into BKG, CR or SR regions. On the left panel, we see that most events have
tγ . 0.5 ns. This makes sense, since in order to pass the 50GeV cuts, the Nh need to be
very boosted, leading to non-delayed photons. In addition, the vast majority of our signal
events with tγ > 1 ns are classified into BKG or CR regions. This gives further evidence
that the region definition is not optimal for our model. On the right panel, even though
most events lie around zero, one finds |∆zγ | values up to 500 mm. Such large values can be
found in all regions, with most of them falling in CR1. Scenarios with lighter Mh, or using
GF production, have lesser values of both tγ and |∆zγ |.
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Figure 7. Distributions of tγ (left) and ∆zγ for the Mh = 50GeV case, considering VBF production.
We show in red, green, orange and blue the generated signal events classified in the BKG, CR1, CR2
and SR regions, respectively.

We conclude that even if a photon pair from long-lived Nh passed the stringent energy
cuts, and even if they also had large tγ and/or |∆zγ |, it is more likely that such an event
would be assigned to the background or control region, than to the signal region. Thus,
this is strongly suggesting this search is not optimal for studying our model.

5.2 13 TeV ATLAS search (2021)

Even though there are no published papers featuring non-pointing photons at energies
above 8TeV, there does exist a somewhat recent thesis addressing this kind of search, for
13TeV [73].8 This work presents a search for exotic decays of the Higgs boson, targeting
the open phase space of its decays to some intermediate invisible long-lived particle with
displaced photons in the final state. The search uses 139 fb−1 of data in 13TeV collisions
from ATLAS, collected between 2015 and 2018, probably representing the first displaced
photon analysis performed using the full LHC Run 2 dataset, with seven times more
integrated luminosity compared to the previous ATLAS result [69]. The search is designed
to have sensitivity to softer non-pointing photons signatures than in the previous study, for
the same GMSB signal, but with neutralinos from Higgs decays. To this end, they trigger
the measurement with an associated lepton from Higgs production, allowing for a relaxation
of the photon energy cuts used before. Thus, the final state contains at least one electron
or muon, at least one photon, and MET.

Again, photons are identified with the loose photon ID algorithm, this time selected
if they have pT > 10GeV and |η| < 2.37 (excluding the transition region). These are
considered isolated if all ECAL topo-clusters within a fixed ∆R = 0.2 cone (excluding the
core) are less than 6.5% of the total cluster pT . In addition, track isolation requires that
the fixed-radius R = 0.2 cone, excluding the photon candidate itself, must contain less than

8Shortly before this work was completed, the ATLAS collaboration released a conference note related to
this analysis [87].
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5% of the total object pT . For the photon timing, only the cell in the ECAL middle layer
with the maximum energy deposit is used (Ecell) and a cut is placed at either 7 or 10GeV,
depending on the GMSB signal point being analyzed, as the low-energy photons degrade
the analysis sensitivity. With this, photons likely originating from out-of-time pileup are
avoided by discarding events with tγ > 12 ns.

Another important difference in this new analysis is that events are categorized into
either one-photon or multi-photon channels. In both, all photons must satisfy the afore-
mentioned selection requirements. Moreover, it is the leading barrel photon which is used
for the fit, instead of that with largest relative arrival time tγ .

This search also requires identifying the leptons coming from Higgs production. Their
selection criteria, including isolation and geometric cuts can be found in [73].

Depending on the MET, the selected sample is divided into a Control, Validation, and
Signal regions, which we denote BKG, CR and SR respectively, similar to [69] (see table 2).
Here, one can see that the SR region allows much smaller values of MET. Finally, the
sample passing the selection cuts is again divided into |∆zγ | categories, with each divided
into tγ bins. These are chosen to optimize the sensitivity to the same GMSB signal.

As one can see, this thesis satisfies our wishlist from the 8TeV search, namely, lesser
cuts on the photon energy and a signal region allowing for smaller MET. In the following,
we will recast the cuts described above, and apply them on our model events. However, in
order to compare both 8 and 13TeV searches, we generate Higgs events in the VBF channel,
instead of producing Higgs and leptons. The measurement is triggered by the VBF jets,
imposing the same cuts as in [43].

Our procedure has two stages. First, we take the HepMC data, and apply the VBF,
photon pT , and photon η cuts described above. We only consider photon pairs produced
both within the inner detector. To be conservative, for a given photon the isolation cuts
require no leptons or other photons with pT > 10GeV, and no jets with pT > 20GeV,
within a ∆R = 0.2 cone.

With this sample, both |∆zγ | and tγ are calculated for the most energetic photon in
the barrel. The calculation is performed in the same way as for the 8TeV search, this time
including experimental uncertainties. The uncertainty in |∆zγ | is replicated by applying a
gaussian smear, using the resolution shown in figure 1 of [69]. For the tγ uncertainty, which
depends on Ecell, we define the latter as 30% of the true photon energy.9 With this, the
uncertainty is implemented again via a gaussian smear, with the resolution taken from both
eq. (5.5) and table A.2 in [73].

For the second stage of the procedure, the events are separated into single photon
and multi-photon sets, and each set is further categorized into the |∆zγ | and tγ bins. To
appropriately simulate detector effects, the events in each bin are separately processed by
Delphes. For consistency, the VBF and photon cuts are re-applied. However, the photon
isolation was implemented by modifying the appropriate module of the Delphes ATLAS
card, setting ∆R = 0.2 and the track isolation PTRatioMax to 0.05. In addition, the cut

9Generally around 15–40 % of the energy in the entire EM cluster is deposited in the middle layer cell
with the maximum energy [73].
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Figure 8. Missing energy distribution of heavy neutrino decays in 13TeV analysis, for several Mh.
Single (multi-) photon set is shown on the left (right).

on Ecell > 10GeV was applied, this time using 30% of the reconstructed photon energy.
Finally, the number of events on each bin was re-adjusted, in case the number of photons
reported by Delphes was diferent than that obtained in the first stage.

We show in figure 8 the MET distribution for both single and multi-photon sets. By
comparing with figure 6, we immediately confirm that the cuts proposed in this search are
much more appropriate for our signal. In particular, the peak of the MET distribution
in the single photon set is very far from the BKG and CR regions. We find 207, 241,
and 215 events in the SR region, for Mh = 10, 30, 50GeV, respectively. In contrast, the
multi-photon set has much more events contaminating the BKG and CR regions. For this
set, the SR has 104, 112 and 92 events, for Mh = 10, 30, 50GeV, respectively. In any case,
both channels imply a significant improvement with respect to the 8TeV search. Moreover,
these numbers are comparable to those shown in table 7.5 of [73], suggesting that this
analysis could effectively be used to probe our model.

Finally, we show in figure 9 the event distribution for the multi-photon set. The plot
follows the binning in |∆zγ | and tγ described above. In all plots we show the events in
the BKG, CR and SR regions. From here, we can see that even though the peak of the
multi-photon distribution is shared by all regions, as shown in figure 8, we still have a
significant number of events in the SR region, which can also have large tγ and |∆zγ | values.

Let us turn to the large non-pointing |∆zγ | categories. Here, the photon momentum
must have a relatively large angle with respect to the Nh momentum. Thus, if the heavy
neutrino is highly boosted, it is expected that |∆zγ | will be small, as the photons will be
emitted following the Nh boost direction. In this sense, lighter Nh samples are predicted to
have less events at large |∆zγ | bins. Figure 9 confirms our expectations, for example, when
Mh = 10GeV the large |∆zγ | categories have virtually no events. Heavier Nh are produced
with a much smaller boost, such that it is more likely to find events with large |∆zγ |.

In order to obtain a large photon tγ , one needs a slow-moving heavy neutrino with the
daughter photon momentum again having a large angle with respect to that of the Nh. As
before, this is easier to achieve for the heaviest Nh in our analysis. Figure 9 shows that, for
Mh = 50GeV, one can find events with large tγ in all |∆zγ | categories.

If one naively compares figure 9 with figure 10.1 of [73], it would still seem very difficult
to probe our model. In fact, the background is very large, specially in the small tγ and
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Figure 9. Event distribution for the multi-photon category, for Mh = 10, 30, 50GeV on the left,
center and right columns, respectively. Each row indicates a different |∆zγ | range. The six bins
indicate tγ values between 0, 0.2, 0.4, 0.6, 0.8, 1 and 12 ns. Events in different regions are not stacked.
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|∆zγ | bins. However, it is necessary to be reminded that our analysis uses a VBF trigger,
instead of the associated lepton trigger in [73]. As shown in many works [88–97], the VBF
topology is very convenient for background reduction.

To quantify the sensitivity to our model, we now refer to a recent conference note
following this analysis [87], released by ATLAS shortly before this work was completed.
Apart from the aforementioned analysis, the note includes a model-independent prediction
of the background for the bins with largest |∆zγ | and tγ values (see table II of [87]), which
can be used to estimate the sensitivity. For the corresponding bin of the multi-photon
channel, the Mh = 50GeV scenario predicts 2.5 signal events. Thus, if we take this
number and compare directly with the estimated background [98], we would achieve a local
significance Z0 = 2.8 standard deviations. This result is already encouraging. Actually, if
the background reduction from the VBF trigger was, for instance, of one order of magnitude,
the local significance would rise to Z0 = 4.2.

We finally note that the single photon set has a similar distribution, but about twice as
many events. However, backgrounds are also expected to be larger by at least one order of
magnitude, so we expect the multi-photon set to be more useful when probing our model.

To summarize, we consider our findings to be very promising, and recommend the
experimental community to take into account the H → NhNh production mode via VBF
in the future. We leave the analysis of Nh production with the original associated lepton
trigger used in [87], and with this a rigorous exclusion of αNφ values, for our next project.

6 Conclusions

In this work we have revisited the Type-I Seesaw enlarged with dimension-5 effective
operators. The model is characterized by new couplings between the sterile neutrino states
and SM neutral bosons, via the Anisimov-Graesser and dipole operators. These lead to
new interactions involving light neutrinos via mixing.

After presenting our setup, we have calculated the decay width of the heavy neutrinos.
We find that, although usually dominated by Nh → ν γ, the standard Seesaw three-body
decays have a very important role when the heavy neutrino masses are above the GeV, and
the dipole coupling αNB/Λ is not too large. We have also calculated the modification to
the three-body partial widths from the dipole coupling, and find that the impact on the
decay length does not exceed 10%.

We then review existing constraints on the dipole coupling, and re-evaluate the LEP
bounds from e+e− → Nh ν` production. We find that if the sterile-light mixing is not
enhanced from its naive Seesaw value, there are no bounds on the coupling. However, if the
mixing is large the bound could rule out at most αNB/Λ & 10−8 GeV−1, for Mh ∼ 1GeV.

Finally, we turn to non-pointing photon searches at the LHC. These searches could
probe regimes where an exotic Higgs decay pair produces long-lived heavy neutrinos,
disintegrating later into a photon and a light neutrino. The latest published paper on this
topic corresponds to an 8TeV ATLAS search (2014). We also found a 13TeV ATLAS search
in the form of a PhD thesis (2021), with an associated conference note (2022). We recasted
both, concluding that the 8TeV search is not sensitive to our model. Our implementation
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of the 13TeV analysis differed from the original search in the sense that we chose a VBF
trigger, instead of single lepton for Higgs production. We found a competitive number of
events passing all cuts, suggesting that this kind of analysis could place future bounds on
the Higgs branching ratio to these long-lived neutrino states.
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A Numerical tools

The partial widths in appendix B, as well as the Nh ν` production cross-section at LEP, were
calculated with the assistance of FeynCalc 9.3.1 [99–101]. For the widths, our numerical
results were checked with MadWidth [102]. The ∆QCD function was evaluated with RunDec
3.1 [103, 104]. The cross-section was integrated using the Vegas subroutine within the
Cuba 4.2 library [105].

For our LHC calculations, we modified the HeavyN model [106, 107] in FeynRules
2.3.43 [108, 109], adding the effective operators. Events were generated using
MadGraph5_aMC@NLO 2.9.7 [110], which uses LHAPDF6 [111], followed by PYTHIA 8.244 [112],
which carries out the showering and hadronization. For the detector simulation, we used
Delphes 3.5.0 [113], which depends on FastJet 3.4.0 [114].

B Heavy neutrino three-body partial widths

This appendix collects the full fomulae for heavy neutrino three-body decays in the GeV
range. We remind the reader that νa refers to active interaction eigenstates, while ν`
refers to light mass eigenstates. In what follows we report only the partial widths modified
by the effective operator, that is, those where either the Z or photon participate. For
purely W -mediated decays like Nh → la q q

′ and Nh → la la′νa′ , we refer the reader to the
appropriate literature [8, 50–52].

For three-body decays, we define:

guL =1
2 −

2
3s

2
W guR =− 2

3s
2
W (B.1)

gdL =− 1
2 + 1

3s
2
W gdR =1

3s
2
W (B.2)

glL =− 1
2 + s2

W glR =s2
W (B.3)
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We also use the following functions:

λ(a, b, c) = a2+b2+c2−2ab−2ac−2bc (B.4)

Γji1 (a,b,c) = 12
∫ (1−a)2

(b+c)2

(
1+a2−s

)j (
s−b2−c2

)
λ1/2

(
1,a2,s

)
λ1/2

(
s,b2, c2

) ds
s1+i/2 (B.5)

Γji5 (a,b,c) = 24bc
∫ (1−a)2

(b+c)2

(
1+a2−s

)j
λ1/2

(
1,a2,s

)
λ1/2

(
s,b2, c2

) ds
s1+i/2 (B.6)

Γji2 (a,b,c) = 4
∫ (1−a)2

(b+c)2

(
1+a2−s

)j
λ1/2

(
1,a2,s

)
λ1/2

(
s,b2, c2

)
(

1
s
λ
(
s,b2, c2

)
+
(
1−a2+s

)2
2

(
1+ b2+c2

s
−2
(
b2−c2)2
s2

))
ds

s1+i/2 (B.7)

Γji3 (a,b,c) = 4
∫ (1−a)2

(b+c)2

(
1+a2−s

)j
λ1/2

(
1,a2,s

)
λ1/2

(
s,b2, c2

)
(
a2

s
λ
(
s,b2, c2

)
+
(
1−a2−s

)2
2

(
1+ b2+c2

s
−2
(
b2−c2)2
s2

))
ds

s1+i/2 (B.8)

Γji4 (a,b,c) = 4
∫ (1−a)2

(b+c)2

(
1+a2−s

)j
λ1/2

(
1,a2,s

)
λ1/2

(
s,b2, c2

)
((

1+a2−s
)

s
λ
(
s,b2, c2

)
+
((

1−a2
)2
−s2

)(
1+ b2+c2

s
−2(b2−c2)2

s2

))
ds

s1+i/2

(B.9)

The full partial width for Nh → ν` l
−
a l

+
a is:

Γ
(
Nh → ν` l

+
a l
−
a

)
= ΓW, SM

νl+l− + ΓZ,SM
νl+l− + ΓWZ, SM

νl+l− + ΓZ, eff
νl+l− + Γγ, eff

νl+l− + ΓZγ, eff
νl+l−

+ ΓWZ, SM+eff
νl+l− + ΓWγ, SM+eff

νl+l− + ΓZ,SM+eff
νl+l− + ΓZγ, SM+eff

νl+l− (B.10)

with:

ΓW,SM
νl+l− = G2

FM
5
h

96π3 |Ua`Uah|
2 Γ10

1 (xa,xa,0) (B.11)

ΓZ,SM
νl+l− = G2

FM
5
h

96π3 |C`h|
2
(
glL g

l
RΓ10

5 (0,xa,xa)+
(
(glL)2+(glR)2

)
Γ10

1 (xa,xa,0)
)

(B.12)

ΓWZ,SM
νl+l− = G2

FM
5
h

96π3 <e [Ua`U∗ahC`h]
(
2glLΓ10

1 (xa,xa,0)+glRΓ10
5 (0,xa,xa)

)
(B.13)

ΓZ,eff
νl+l− = GF s

2
WM7

h

24
√

2π3m2
Z

∣∣∣∣(α′NB)`h
Λ

∣∣∣∣2
(

2glLglR
(
3Γ10

5 (0,xa,xa)−Γ20
5 (0,xa,xa)

)
−
(
(glL)2+(glR)2

)(
Γ20

1 (0,xl1 ,xl2)+4Γ00
3 (0,xa,xa)

−Γ10
1 (0,xa,xa)−Γ10

2 (0,xa,xa)−Γ10
3 (0,xa,xa)−Γ10

4 (0,xa,xa)
))

(B.14)
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Γγ,eff
νl+l− = αem c

2
WM3

h

24π2

∣∣∣∣(α′NB)`h
Λ

∣∣∣∣2(−Γ24
1 (0,xa,xa)−Γ24

5 (0,xa,xa)−4Γ04
3 (0,xa,xa)

+Γ14
1 (0,xa,xa)+Γ14

2 (0,xa,xa)+Γ14
3 (0,xa,xa)

+Γ14
4 (0,xa,xa)+3Γ14

5 (0,xa,xa)
)

(B.15)

ΓZγ,eff
νl+l− =− αemM

5
h

24π2m2
Z

∣∣∣∣(α′NB)`h
Λ

∣∣∣∣2 (glL+glR)
(
−Γ22

1 (0,xa,xa)−Γ22
5 (0,xa,xa)

−4Γ02
3 (0,xa,xa)+Γ12

1 (0,xa,xa)+Γ12
2 (0,xa,xa)+Γ12

3 (0,xa,xa)

+Γ12
4 (0,xa,xa)+3Γ12

5 (0,xa,xa)
)

(B.16)

ΓWZ,SM+eff
νl+l− =− GF eM

6
h

96
√

2π3cWm2
Z

<e
[(α′NB)`h

Λ UahU
∗
a`

](
3glRΓ10

5 (0,xa,xa)

+glL
(
Γ10

1 (0,xa,xa)+Γ00
4 (0,xa,xa)−2Γ00

2 (0,xa,xa)
))

(B.17)

ΓWγ,SM+eff
νl+l− = GF ecWM4

h

96
√

2π3 <e
[(α′NB)`h

Λ UahU
∗
a`

](
3Γ12

5 (0,xa,xa)+Γ12
1 (0,xa,xa)

+Γ02
4 (0,xa,xa)−2Γ02

2 (0,xa,xa)
)

(B.18)

ΓZ,SM+eff
νl+l− =− GF eM

6
h

96
√

2π3cW m2
Z

<e
[(α′NB)`h

Λ C`h

](
6glL glRΓ10

5 (0,xa,xa)

+
(
(glL)2+(glR)2

)(
Γ00

4 (0,xa,xa)−2Γ00
3 (0,xa,xa)+Γ10

1 (0,xa,xa)
))

(B.19)

ΓZγ,SM+eff
νl+l− = GF ecWM4

h

96
√

2π3 <e
[(α′NB)`h

Λ C`h

]
(glL+glR)

(
Γ12

1 (0,xa,xa)

−3Γ12
5 (0,xa,xa)+Γ02

4 (0,xa,xa)−2Γ02
3 (0,xa,xa)

)
(B.20)

We are defining xa ≡ mla/Mh.
The full partial width for Nh → ν` q q̄, after summing three quark colours, is:

Γ(Nh → ν q q̄) = ΓZ,SM
νqq̄ + ΓZ, eff

νqq̄ + Γγ, eff
νqq̄ + ΓZγ, eff

νqq̄ + ΓZ,SM+eff
νqq̄ + ΓZγ, SM+eff

νqq̄ (B.21)

with:

ΓZ,SM
νqq̄ = 3(1+∆QCD)ΓZ,SM

νl+l− ΓZ,eff
νqq̄ = 3(1+∆QCD)ΓZ,eff

νl+l− (B.22)

Γγ,eff
νqq̄ = 3(1+∆QCD)Q2

q Γγ,eff
νl+l− ΓZγ,eff

νqq̄ =−3(1+∆QCD)QqΓZγ,eff
νl+l− (B.23)

ΓZ,SM+eff
νqq̄ = 3(1+∆QCD)ΓZ,SM+eff

νl+l− ΓZγ,SM+eff
νqq̄ =−3(1+∆QCD)QqΓZγ,SM+eff

νl+l− (B.24)

where in all equations above one should change glL,R → gqL,R and xa → xq ≡ mq/Mh.
Finally, the full partial width for Nh → 3ν` is:

Γ(Nh → 3ν`) = ΓZ,SM
3ν` + ΓZ, eff

3ν` + ΓZ,SM+eff
3ν` (B.25)
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where we sum over all final light neutrinos. We have:

ΓZ,SM
3ν` = G2

F M
5
h

384π3

∑
i,n,m

(
|CihCnm|2 + <e [CihCnmC∗nhC∗im]

)
(B.26)

ΓZ, eff
3ν` = GF s

2
W M7

h

960
√

2π3m2
Z

∑
i,n,m

(
16
∣∣∣∣(α′NB)ih

Λ Cnm

∣∣∣∣2 + 6
∣∣∣∣(α′NB)∗nm

Λ Cih

∣∣∣∣2

+ 4<e
[(α′NB)ih

Λ
(α′NB)∗mh

Λ CimC
∗
nm

]
−<e

[(α′NB)∗nm
Λ

(α′NB)im
Λ CihC

∗
nh

]
+ 12<e

[(α′NB)ih
Λ

(α′NB)∗im
Λ C∗nhCnm

])
(B.27)

ΓZ,SM+eff
3ν` = GF eM

6
h

192
√

2π3cW m2
Z

∑
i,n,m

(
|Cnm|2<e

[(α′NB)ih
Λ Cih

]

+ <e
[(α′NB)nh

Λ CihCnmC
∗
im

])
(B.28)

C Implementation of cuts in LEP analysis

After analytically calculating the differential e+e− → Nh ν` cross section, dσNν/dΩ, the
total cross section is obtained by integrating over the solid angle. It is at this point that
the heavy neutrino lifetime constraint, as well as photon energy and angle cuts are applied.

Our final formula is:

σcuts
Nν = (~c)2

32πm2
Z

(
1− M2

h

m2
Z

)(
1

4π τ lab
N

)
BR(Nh → ν γ)

∫
d(cos θγ) dφγ d(cos θN ) dtN exp

[
− tN
τ lab
N

]
dσNν
d cos θN

ΘH

(√
x2
γ + y2

γ − zdet tan θveto
)

(C.1)

where θγ and φγ are the ~pγ angles in the heavy neutrino rest frame, with respect to
the direction of the heavy neutrino momentum, and θN is the ~pN angle with respect to
the beamline. Since the heavy neutrinos are Majorana particles, we assume the photon
distribution to be isotropic in the Nh rest frame. The photon energy cut Ecut

γ = 0.7GeV is
satisfied if:

cos θγ >
1
βrel

(
2Ecut

γ

γrelMh
− 1

)
(C.2)

where βrel and γrel are the relativistic boost parameters. The heavy neutrino time of flight
tN is integrated up to tmax

N = dmax
N EN/(|~pN |c), with dmax

N = 2m. The heavy neutrino
lifetime in the lab frame is defined as τ lab

N ≡ (EN/Mh) × (~/ΓN ). Finally, the photon is
required to enter the electromagnetic calorimeter of the experiment, which is assumed to
be the HPC of DELPHI [115]. This was taken in [40, 63] as a cut on the photon angle with
respect to the beamline, cos θveto > 0.7. In order to apply this bound, for a given tN and
θN we determine the position where the heavy neutrino decayed, dN , and trace the photon
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trajectory by boosting its momentum in the heavy neutrino direction. The photon thus
moves along the line:

~rγ =

dN sθN0
dN cθN

+R

sθN cθ′γ + cθN sθ′γcφγ
sθ′γsφγ

cθN cθ′γ − sθN sθ′γcφγ

 (C.3)

with θ′γ equal to the ~pγ angle with respect to the heavy neutrino momentum in the lab frame:

cos θ′γ = γrel(cos θγ + βrel)√
(γrel cos θγ + βrelγrel)2 + sin2 θγ

(C.4)

Unless it is absorbed by the calorimeter, the photon would reach the edge of the HPC
at zdet = 248 cm for

Redge = ±zdet − dNcθN
cθN cθ′γ − sθN sθ′γcφγ

≥ 0 (C.5)

Thus, if we now define xγ = dNsθN + Redge(sθN cθ′γ + cθN sθ′γcφγ ) and yγ = Redge sθ′γsφγ ,
requiring the photon to leave the detector through the calorimeter amounts to demanding√
x2
γ + y2

γ > zdet tan θveto, which is implemented in the integral above via a Heaviside
ΘH function.
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